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Abstract— Practical cooperative diversity protocols often rely
on low-cost radios that treat multiple in-band signals as noise
and thus require strictly orthogonal transmissions. We analyze
the performance of a class of opportunistic relaying protocols
that employ simple packet level feedback and strictly orthogonal
transmissions. It is shown that the diversity-multiplexing tradeoff
of the proposed protocols either matches or outperforms the
multi-input-single-output (MISO), zero-feedback performance.
These gains indicate that low complexity radios and feedback
could be an appealing architecture for future user cooperation
protocols.

Index Terms— Network cooperative diversity, outage probabil-
ity, fading channel, virtual antenna arrays, cheap radios, wireless
networks.

I. INTRODUCTION

COOPERATIVE transmissions from distributed terminals
continue to attract considerable interest especially in

studies of the quasi-static (non-ergodic) relay channel. On the
theoretical side, information theoretic analysis of several user
cooperation protocols is presented in [1]–[6]. These works
focus on fundamental limits of cooperative transmission and
assume idealistic conditions such as perfect synchronization
across the relays, simultaneous in-band transmissions (both
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source stops transmitting during relay retransmission [3].
Similar conclusions appear in [4]–[6].

On the practical side, there has been recent interest in
approaching the random coding performance limits with dis-
tributed space time codes (see e.g., [7] and references therein),
under the assumption of PTFIT. We note however that the
PTFIT is not supported by many existing low-cost radios,
which treat multiple in-band signals as noise. One common
reason is that many existing RF-front ends are not linear
and thus, the superposition of signals at the receiver antenna
does not appear as a linear combination at baseband [8].
Consecutively, cooperative diversity techniques based on the

(POT), a relay selection scheme among low-cost DF or AF
relays, based on pro-active channel measurements and for-
warding orthogonally to the source, was proposed in [11]. A
simple protocol was analyzed, allowing fast relay selection
with limited delay (within a fraction of the channel coherence
time), in a distributed manner. Diversity-multiplexing tradeoff
(DMT) analysis of no-feedback setups in Rayleigh Fading
revealed no performance loss, compared to distributed space-
time coding schemes that adhere to PTFIT. That result demon-
strated that the selection diversity benefits found in the classic
multi-antenna (MIMO) literature (e.g. [12], [13]) carry over
in the relay channel, even though the latter is fundamentally
different than the classic MIMO channel: information is not
apriori known at the relays as opposed to the co-located multi-
antenna case, but instead, messages need to be conveyed over
distributed and noisy links between source and receiving relay
antennas.

Treating low-complexity relay terminals as distributed sen-
sors of the wireless channel (and not necessarily as active re-
transmitters) is the main theme of opportunistic relaying [14].
Experimental testing of opportunistic cooperative diversity in
existing radios can be found in [8] and [14]. Subsequent
finite-SNR analysis revealed the advantages of opportunistic
relaying over certain space-time coding schemes with DF [15]
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for some r ∈ (0, 1). Accordingly, the decoding at the destina-
tion fails if the following event happens:

E1
Δ=

{
I0 = n log

(
1 + ρ|aSD|2

)
≤ nR(ρ)

}

=
{
|aSD|2 ≤ ρr−1

}
.

(10)

If the selected relay b receives a single-bit feedback from the
destination, indicating that the message has not been decoded
correctly, it then transmits xb[i] = βyd[i] over the next n slots,
where β is a properly normalized amplification factor, as in
[3]. The received symbols at the destination are given by:

zD[i] = abD · xb[i] + nD[i], i = 1, 2, . . . , n. (11)

With AaF relays, the end-to-end mutual information is given
by [3]:

IF
AF = n log

(
1 + ρ|aSD|2 + f

(
ρ|abD|2, ρ|aSb|2

))
, (12)

where f(x, y) = xy
x+y+1 . The single relay re-transmission will

fail if

E2
Δ=

{
IF

AF ≤ nR(ρ)
}

=
{
|aSD|2 +

1
ρ
f

(
ρ|abD|2, ρ|aSb|2

)
≤ ρr−1

}
.

(13)

Because of the feedback mechanism, the average spectral
efficiency Re(ρ) for the code Cρ is given by:

Re(ρ) = R(ρ) P
{E1

}
+

R(ρ)
2

P {E1} , (14)

where E1 is the complementary event of E1. Thus it follows
that Re(ρ) ≤ R(ρ). Nevertheless, the effective multiplexing
gain does not reduce due to feedback.

Lemma 1: The effective multiplexing gain, re in Def. 1,
satisfies re = r.

Proof: Substituting (10) in (14) we have that

Re(ρ) = R(ρ) P

{
|aSD|2 ≥ ρr−1

}
+

R(ρ)
2

P

{
|aSD|2 ≤ ρr−1

}

= R(ρ) − R(ρ)
2

P

{
|aSD|2 ≤ ρr−1

}
·= R(ρ) − R(ρ)

2
ρ(r−1)mSD

·= R(ρ).

where we have used that P

{
|aSD|2 ≤ ρr−1

} ·= ρ(r−1)mSD

according to the Lemma 2 in the appendix.
Thus we have that

re = lim
ρ→∞

Re(ρ)
log ρ

= lim
ρ→∞

R(ρ)
log ρ

= r,

as required.
Next we compute the outage probability Pe(ρ) in Def. 1.

Pe(ρ) = P

{
E1

⋂
(E2

∣∣E1)
}

= P

{
E1

⋂
E2

}
(15)

= P

{
|aSD|2≤ρr−1, |aSD|2+

1
ρ
f

(
|aSb|2ρ,|abD|2ρ

)
<ρr−1

}

(16)

≤ P

{
|aSD|2 ≤ ρr−1, f

(
|aSb|2ρ, |abD|2ρ

)
< ρr

}
(17)

= P

{
|aSD|2 ≤ ρr−1

)
× P

(
f

(
|aSb|2ρ, |abD|2ρ

)
< ρr

}
(18)

where (16) follows by substituting (10) and (13) in (15) and
we use the fact that for any positive θ,

P(X + Y < θ) ≤ P(X ≤ θ, Y ≤ θ),

for any positive random variables X and Y in (17), and (18)
follows from the fact that the random variables |aSD|2 and
(|aSb|2, |abD|2) are mutually independent.

We separately upper bound the two terms in (18). First from
Lemma 2 in appendix, we have that with m0 = mSD,

P

{
|aSD|2 ≤ ρr−1

} .≤ρ(r−1)m0 . (19)

Next, using Lemma 4 in [11], we have that,

P

{
f

(
|aSb|2ρ, |abD|2ρ

)
≤ ρr

}

≤ P

{
min

{
|aSb|2, |abD|2

}
≤ ρr−1 + ρ0.5r−1

√
1 + ρr

}
.= P

{
min

{
|aSb|2, |abD|2

}
≤ ρr−1

}
.= ρ(r−1)

�K
k=1 mk (20)

where (20) follows from Lemma 2 in the appendix with mk =
min{mSk,mkD}. Combining (19) and (20), we have that

Pe(ρ)
.≤ ρ(r−1)

�K
k=0 mk . (21)

We summarize our analysis below.

Theorem 1: Opportunistic cooperative diversity with a sin-
gle round of feedback and relay selection according to (6)
or (7), achieves DMT performance d(re) at least as good as
d∗(re) = (1 − re)

∑K
k=0 mk, for re ∈ (0, 1).

Proof: From inequality (21) and the definition of diver-
sity order in (3), we find out:

Pe(ρ)
.≤ ρ−(1−r)

�K
k=0 mk = ρ−(1−re)

�K
k=0 mk

⇒ d(re) ≥ d∗(re) = (1 − re)
K∑

k=0

mk

We note that the calculated d∗(re) for DMT performance
is a pessimistic bound, given that protocol performance is
calculated as good as or better than d∗(re). For the special
case of Rayleigh fading where mk = 1,

d∗(r) = (1 − r)(K + 1)

corresponds to a classic multi-input single-output (MISO)
antenna system without feedback, suggesting that intelligent
cooperation is fruitful, even when strictly orthogonal transmis-
sions and cheap radios are utilized.
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B. Multiple Rounds of Feedback

In certain systems with relaxed delay constraints, multiple
rounds of feedback are permissible and the performance can
be significantly enhanced [19]. We consider a system which
allows for L rounds of feedback, where a round consists of
i) transmission from the source first and then, ii) subsequent
transmission on a separate slot from the selected (“best”) relay.
An outage is declared if the destination fails to decode after
L rounds. Accordingly, in round 1, the source first transmits
for n channel uses, as in Section III-A. The destination sends
a feedback message of negative acknowledgment (NACK) if
it fails to decode the message from the source. The best relay
then sends n symbols using AF and the destination attempts
to decode at the end of this transmission. This source-relay
transmission constitutes a single round. If the destination fails
to decode at the end of this round, then it again broadcasts
a NACK to the source and the source begins transmission in
round 2. This process continues until either the destination is
successful in decoding or L rounds are exhausted. Note that
the destination transmits a total of 2L − 1 NACK single-bit
messages before a failure is declared.

In this setup we assume that the channel gains
|aSb|, |aSD|, |abD| remain fixed over the L rounds. Assuming
independent Gaussian codebooks used in each round, the total
mutual information after L rounds is L times the mutual
information in each round, given in (22). An outage occurs
if the destination cannot decode after L rounds:

EL
3

Δ=
{
IF,L

AF ≤ nR(ρ)
}

, (22)

IF,L
AF = nL log

(
1 + ρ|aSD|2 + f(ρ|abD|2, ρ|aSb|2)

)
. (23)

The analysis for outage probability is analogous to (15)-(20),
but with R(ρ) replaced by R(ρ)/L, and the average rate
satisfies Re(ρ) .= R(ρ). It can be seen that the DMT lower
bound is given by:

d∗(re) =
(
1 − re

L

) K∑
k=0

mk. (24)

For the special case of Rayleigh fading, d∗(re) becomes:

d∗(re) =
(
1 − re

L

)
(K + 1).

IV. DISCUSSION

The calculated DMT bounds are depicted in Fig. 1, includ-
ing opportunistic relaying without feedback. The increased
diversity order observed, comes from the fact that the selected
relay is chosen opportunistically. For the high spectral effi-
ciency regime (0.5 < r < 1), strictly orthogonal transmissions
from single-antenna, half-duplex radios with opportunistic
cooperative diversity and single round of feedback improve
on the MISO bound.3 Additional rounds of feedback further
enhance performance. Spectral efficiency is significantly im-
proved compared to the no-feedback opportunistic relaying
case, simply because relay retransmission is used only when
it is needed.

3multiple-input-single-output without feedback.
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Fig. 1. Opportunistic AF relaying and one round (L = 1) of single-bit
feedback improve on the full DMT curve, even though strictly orthogonal
transmissions are used. Additional rounds L of feedback with opportunistic
AF relaying further improve the DMT performance. Note that for the special
case of Rayleigh Fading,

�K
k=0 mk = K + 1.

On the contrary, the no-feedback opportunistic protocol
always uses the selected relay, which is wasteful in terms of
the channel degrees-of-freedom, when the destination receives
successfully the message directly from the source. The proto-
cols proposed in [1]–[6]. provide an alternate way to efficiently
utilize the channel degrees-of-freedom based on PTFIT, but
their applicability to low cost radios remains to be seen.

As a final remark, we note that the NACK packet from the
destination to the source needs to be transmitted when the link
from the source to destination is in a deep fade. If the channel
obeys reciprocity, this NACK packet may not be received by
the source. In practice this problem can be alleviated by the
relay node, which could retransmit the NACK packet to the
source, at the cost of a small additional overhead.

V. CONCLUSION

Opportunistic cooperative diversity with feedback provides
substantial gains at the high spectral efficiency regime, even
though strictly orthogonal transmissions are utilized. In that
way, existing, simple and cheap radios, built according to non-
cooperative principles (POT) can be employed.

APPENDIX

Lemma 2: Let aSk and akD denote the channel gains from
source to relay k and relay k to destination respectively, with
k ∈ Srelay = {1, . . . , K}. The channel gains are assumed inde-
pendent Nakagami-m random variables (not necessarily iden-
tically distributed), with parameters mSk, θSk and mkD, θkD

respectively. Suppose that aSb and abD denote the channel gain
of the source to the selected relay and the selected relay to
the destination respectively, where the selected (“best”) relay
is chosen according to policy I, i.e.

min
(|aSb|2, |abD|2

)
= max

k∈Srelay

{
min

{|aSk|2, |akD|2
}}

,




